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Abstract Advanced light detecting and ranging (LIDAR) sensors are the primary sensing
modality for autonomous vehicles and are seeing increasing adoption in consumer and commer-
cial vehicles for robust advanced driver assist systems. LIDAR returns from the environment are
typically predicted using elastic LIDAR models, which can help emulate the performance of
LIDAR sensors in environments with multiple returns or heavy obscurants. We derive the first
elastic LIDAR model for a random modulated continuous wave LIDAR system using a homo-
dyne receiver and show good agreement with experimental measurements. © 2022 Society of
Photo-Optical Instrumentation Engineers (SPIE) [DOI: 10.1117/1.OE.62.3.031205]
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1 Introduction

Light detecting and ranging (LIDAR) sensors are one of the primary sensors used by autono-
mous vehicles and field robotics, especially when navigating complex, high-speed environ-
ments. Although most conventional LIDAR systems use time-of-flight (TOF) or frequency
modulated continuous wave architectures for ranging, the use of random modulated continuous
wave (RMCW) ranging has seen tremendous interest as it offers high resolution and immunity to
interference.

Predicting LIDAR performance through synthesizing LIDAR returns is a thoroughly
researched field, as industry and researchers would prefer to use simulated environments for
developing autonomous systems rather than collecting enormous amounts of in-field data.1

Thus, creating a robust emulation of ranging waveform data is an important tool in the use
of LIDAR sensors for autonomy and robotic applications. In the simplest case, a single
Lambertian target yields a single return with predictable intensity, and this case is easy to predict.
However, in realistic environments, the return waveforms are much more complex, as there are
partial reflections, impacts of aerosols, beam occlusions, and other effects that complicate the
modeling of the return optical signal from the environment.

In this article, we illustrate a novel model for predicting return waveforms for an RMCW
LIDAR system and then simulate those returns in a homodyne receiver. In Sec. 2, we extend the
typical elastic LIDAR equation, which is usually derived for pulsed TOF LIDAR, to the case of
RMCW LIDAR. In Sec. 2, we demonstrate how to use the elastic RMCW return waveform in a
homodyne receiver to simulate the received analog signal. Homodyne detection requires a level
of complexity because the coherence of the source affects how the detector responds to each
range bin, and this analysis demonstrates a robust method of handling these phase delays.
Finally, in Sec. 3, we demonstrate the validity of our approach by experimentally creating a
complex RMCW return waveform and detect this in a coherent receiver.

1.1 Random Modulated Continuous Wave LIDAR

RMCW LIDAR was first proposed by Takeuchi et al.,2 and referred to the use of intensity and
phase modulation of pseudorandom bit sequences to produce unambiguous ranging over a
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defined range. The authors provided an analytical treatment of ranging behavior leading to a
definition of signal-to-noise ratio and demonstrated an experimental measurement of the distri-
bution of aerosols over a range of 3 km. Following that work, research into different strains of
random sequences, such as A1, A2, and AA1, led to interesting insights into the effect of these
modulations on the return waveforms from LIDAR measurements.3–5 For example, although the
sequences were typically designed to minimize background noise, Emery and Flesia concluded
that the A1 and A2 sequences could not be used for cloudy conditions.3

Homodyne RMCW LIDAR is a natural evolution of the RMCW technique, as achieving
shot-noise limited performance increases the link budget of the LIDAR, thereby, increasing the
range the LIDAR can detect objects; additionally, the components of a homodyne RMCW
LIDAR can be translated, with ingenuity, from optical communications with the homodyne
detection of intensity- or phase-modulated signals being used in long-haul networks and referred
to as coherent detection.6 Homodyne RMCW LIDAR has been demonstrated with phase-modu-
lation by Xu et al.7 The details of demodulating an RMCW signal in a homodyne receiver are
discussed by Spollard et al.;8 they also detail and mitigate the impact of Doppler shifts on the
recovery of range information.

2 Elastic LIDAR Model for Homodyne RMCW Systems

Our model for an elastic LIDAR that uses RMCW ranging is derived from the work developed
for a TOF LIDAR by Phillips et al.,9 which was developed to consider a sensor in the presence of
dust, and to describe several different reporting modes. That model considered the effect of a
bistatic TOF LIDAR in an environment with obscurants, such that elastic backscatter provided a
return signal to the LIDAR receiver; the range to a target was divided into several range bins that
were defined by the transit time of the laser pulse.

In this paper, we reform the elastic LIDAR equations to use an RMCWwaveform; this allows
us to predict the returned optical power to the LIDAR receiver as a function of time or distance to
object. Then, we detect this optical waveform by any receiver architecture that we choose; how-
ever, we focus on a single balanced homodyne mixer and predict the impact of multiple returns
on the received waveform. In our treatment, however, we ignore the impact of noise sources, and
the reader is directed to the analysis by Chen et al.,10 which provides a good analysis of noise in
homodyne receivers.

2.1 RMCW Elastic LIDAR Model

A simplified concept of a coaxial RMCW LIDAR is shown in Fig. 1; a laser is modulated with a
pseudorandom code, such as a maximum-length sequence (see Takeuchi et al.2), and then trans-
mitted through a coaxial transceiver. The transceiver overlaps the transmit and receive beams
such that there is perfect alignment of these optical paths at every range location, even as the
LIDAR experiences temperature changes or strong vibrations. The transmit beam propagates
through the environment, where it may be incident on a variety of objects; most objects in the
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Coaxial

transceiver

Collimating optics
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optical

waveform,

Partially transmissive object Reflective objectPRBS

Fig. 1 A simple schematic of a coaxial LIDAR that emits a beam through a partially transmissive
target and then subsequently propagates to a diffuse reflective target.
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environment produce a diffuse or Lambertian reflection, whereas in urban environments, we may
encounter many specular reflections, such as from metallic surfaces or retroreflective targets,
such as traffic signs. One of the motivations for this work is to consider partially transmissive
objects, which return some light to the receiver, but let the majority of optical power continue
propagating. Examples of these targets are clouds of dust, as derived in Phillips et al.,9 but also
partially transmissive objects such as glass or objects that only obscure part of the beam, such as
chain link fences. For the purpose of this analysis, we simply treat all of these objects as a generic
partially transmissive object, as shown in Fig. 1.

Using the analysis from Phillips et al. as a reference, we derive the received optical waveform
from our coaxial transceiver as PrðRÞ, where each range bin, dR, represents the slice of distance
that corresponds to reflected light from any objects in that differential range width. We consider
PrðRÞ, the optical power returned from target at distance R, to be

EQ-TARGET;temp:intralink-;e001;116;592PrðRÞ ¼ PtðRÞ � ½SfðRÞ · DfðRÞ · TfðRÞ�; (1)

where SfðRÞ is the fraction of the emitted pulse scattered at range R, DfðRÞ is the fraction of the
scattered light that is coupled into the LIDAR field-of-view, and TfðRÞ is the fraction of the
coupled light that is detected in the receiver.

The scatterable fraction, SfðRÞ, is simply expressed as

EQ-TARGET;temp:intralink-;e002;116;509SfðRÞ ¼
ASðRÞ
ALðRÞ

; (2)

where ALðRÞ is the spot size, the area illuminated by the transmit beam, and ASðRÞ is the total
scattering area from illuminated surfaces. From Phillips et al.,9 because the authors were pre-
dicting LIDAR performance in dust, they counted all particles of dust within one range bin,
defined as the length of the optical pulse, and then calculated the scatterable fraction based
on the cross-section of each dust particle.

In our approach, we modify this analysis to consider a differential range bin, dR, and look at
the total fraction of light that is scattered from any objects in that range bin with a cross-section
of the collimated laser beam. We treat the area of the laser beam as an ellipse with beam waist wy

and wz and define the beam diameter as six times the beam waist, as that captures 99.7% of the
intensity in a Gaussian beam. Thus, the area is

EQ-TARGET;temp:intralink-;e003;116;343ALðRÞ ¼ 36π · wzwy: (3)

If we consider a uniform cloud of dust, the total area of scattering species is

EQ-TARGET;temp:intralink-;e004;116;299ASðRÞ ¼
X
i

σiðRÞ; (4)

where σi ¼ πa2 for particles that are spherical with a radius a. The number of dust particles in
the path of the laser beam is

EQ-TARGET;temp:intralink-;e005;116;232n ¼ V · N; (5)

where NðRÞ is the number density of dust particles in this range bin and V is the volume
containing the i’th range bin, which we consider to be a cylinder with height dR. Thus, we
have

EQ-TARGET;temp:intralink-;e006;116;165n ¼ NðRÞ · 36π · wzwy · dR: (6)

Then, we sum the number of particles to n as

EQ-TARGET;temp:intralink-;e007;116;120ASðRÞ ¼
Xn
i¼1

σ ¼ n · σ ¼ NðRÞ · 36π · wzwy · dR · πa2: (7)
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Thus, we find that the resulting fraction of scattered light is

EQ-TARGET;temp:intralink-;e008;116;723SfðRÞ ¼ NðRÞπa2dR: (8)

To emulate diffuse targets in the environment, we calculate the scatterable fraction for a
Lambertian target, which is usually characterized as a having a reflectivity ρ. In this case, the
scatterable fraction at the target distance RT is

EQ-TARGET;temp:intralink-;e009;116;654SfðR ¼ RTÞ ¼ 4πρ · dR: (9)

The fraction of the scattered light, DfðRÞ, at range R that returns to the LIDAR receiver is
calculated as

EQ-TARGET;temp:intralink-;e010;116;596DfðRÞ ¼ η · BðRÞ · OðRÞ; (10)

where η is the efficiency of the detector, BðRÞ is the fraction of the scattered light that is captured
by the FOVof the receiver, and OðRÞ is the overlap between the transmit and receive FOV, also
known as the LIDAR crossover function.11

In our system, we have a coaxial architecture, as shown in Fig. 1, which means that the
transmit and receive paths are coincident when propagating from the LIDAR into the environ-
ment, and the transceiver separates the receive signal for detection. Although there are disad-
vantages to a coaxial architecture, one of the major benefits is that the receiver and transmit are
always well aligned, even at close distances, because they share the majority of the same optical
path—this leads the reader to assume thatOðRÞ ¼ 1 for the coaxial case. In reality, however, the
LIDAR optics are designed to maximize returns at the long range and, as a result, the coupling
efficiency for targets at short ranges can suffer. In effect, coaxial architectures still experience the
equivalent of a crossover function in biaxial LIDAR systems.11 The analysis of a coaxial cross-
over function is an interesting area for future work; in this article, we synthesize a crossover
function as

EQ-TARGET;temp:intralink-;e011;116;396OðRÞ ¼ 1

2
erfðR∕RCÞ þ

1

2
; (11)

where RC is the crossover range in which the system approaches full coupling efficiency and
erfðxÞ is the error function.

The perception angle, Ω, is the cone projected from the scatterer to the detector lens and
is a solid angle of

EQ-TARGET;temp:intralink-;e012;116;307Ω ¼ A
R2

; (12)

where A is the area of the receiving optics and the solid angle is in steradians. The fraction of
the scattered light within the perception angle is

EQ-TARGET;temp:intralink-;e013;116;241BðRÞ ¼ 1

4π
· Ω; (13)

Then

EQ-TARGET;temp:intralink-;e014;116;188DfðRÞ ¼
1

4π
·
A
R2

: (14)

Finally, the transmittable fraction, TfðRÞ, is the proportion of light that is available to propa-
gate through the medium. We integrate the losses along the transmitted distance to calculate the
reduction in intensity as

EQ-TARGET;temp:intralink-;e015;116;109TðRÞ ¼ exp

�
−2

Z
R

0

αðrÞdr
�
; (15)
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where

EQ-TARGET;temp:intralink-;e016;116;723αðRÞ ¼
X
i

ðσis þ σiaÞ · niðRÞ; (16)

where σis was calculated before as the scattering cross-section. σia is the absorption coefficient;
this is the energy lost due to water vapor and other absorbing molecules in the atmosphere. In the
analysis from Phillips et al.,9 this is neglected as these effects are considered negligible for IR
wavelengths in most environments.

Assembling these components together, we express the final form of our RMCW elastic
LIDAR equation. We start with the original expression

EQ-TARGET;temp:intralink-;e017;116;609PrðRÞ ¼ PtðRÞ � ½SfðRÞ · DfðRÞ · TfðRÞ�: (17)

Then, we write the final form as

EQ-TARGET;temp:intralink-;e018;116;565PrðRÞ ¼ PtðRÞ �
�
ðNðRÞ · πa2dRÞ ·

�
1

4π
·
A
R2

�
·

�
exp

�
−2

Z
R

0

αðrÞdr
���

: (18)

In a direct-detection system, this power is incident on a photodetector, which is converted to a
current/voltage and then digitized. Importantly, the photodetector current is proportional to the
optical intensity in a direct-detection scheme. When we analyze the homodyne detection scheme,
this square-law relationship gives rise to the beating between the received signal and local
oscillator.

To determine the range to targets in the received power waveform, we perform a
cross-correlation against the reference transmit waveform. The cross-correlation for the direct-
detection case is given as

EQ-TARGET;temp:intralink-;e019;116;424RDDðRÞ ¼ PrðRÞ⋆PtðRÞ; (19)

and the identification of targets in the LIDAR return requires peak detection. As we show below,
a simple maximum value peak estimation works in simple cases, but the addition of obscurants to
the environment can require a more complex peak detection method.

As an example, we calculate the receive optical waveform from a LIDAR that is attempting to
detect a target at 200 m, with the line-of-sight obscured by a dust cloud. In this simulated result,
we assume a transmit average power of 1 W with an optical aperture diameter of 20 mm.
The modulation used on the transmit RMCW waveform is an intensity modulate M-sequence
with six registers, resulting in a 63 bit long sequence. In this example, the dust cloud is an ideal-
ized dust cloud, from 60 to 70 m, and a number density of 40,000 particles, with each particle
having a radius of 50 μm.

The waveforms of transmit and receive are shown in Figs. 2(a) and 2(c), where Eq. (18) is
used over every range bin to determine the overall receive optical waveform. The scatterable
fraction, Sf, is shown in log scale in Fig. 2(b), demonstrating the impact of partially transmissive
media in the LIDAR path. The return waveform is apparent at 200 m, but it is preceded by a
chaotic series of peaks and troughs, which is the impact of a continuous source of backscatter
over a range segment. Additionally, we show a plot of logðSfðRÞÞ, indicating the scatterable
fraction in the environment that returns light to the LIDAR sensor. The factors SfðRÞ,
DfðRÞ, and TfðRÞ are shown as a function of the range in Fig. 3.

In a direct detection system, this received optical signal is converted by a photodetector into
an electrical signal, which is digitized by an ADC. The ADC data are then correlated with the
original bit sequence used to modulate the laser, which produces peaks at the range in which the
targets were detected, assuming that the return signal power is measurable. From the receive
optical waveform in Fig. 2(c), the resulting correlation is shown in Fig. 4, with a clear peak
at 200 m corresponding to our Lambertian target. Also evident is a distorted peak created
by the return optical power from the dust cloud.

In this example, the target peak at 200 m is clearly visible, but the return from the dust cloud
has a slightly higher correlation; thus a simple argmax peak estimation algorithm will likely only

Pulikkaseril: Simulating correlation waveforms of random modulated continuous wave LIDAR

Optical Engineering 031205-5 March 2023 • Vol. 62(3)



report the dust and ignore the Lambertian target at long range. One of the challenges with any
LIDAR system is how to deal with operating in environments with obscurants such as dust;
however, as shown here, an RMCW LIDAR does enable the reporting of more information
in the environment.

2.2 Homodyne Detection of RMCW Waveforms

Homodyne detection is a well-known technique for detecting the amplitude and phase of optical
signals,10 but it requires a more complex receiver, as shown in Fig. 5. the return signal field,
ERðtÞ, is mixed with a copy of the original laser waveform, called the local oscillator, ELOðtÞ, in
a passive optical device called an IQ demodulator, and balanced photodetectors (BPDs) are used
to generate two photocurrents, iPD;IðtÞ and iPD;QðtÞ, which are proportional to the I- andQ- beat
signals from the demodulator. Thus, the square-law relationship of the photodetector enables
mixing between the signal and local oscillator fields. A strong treatment of BPDs is given
by Alexander,12 including how balanced detection is used to remove common mode noise.
With these two currents, we are able to reconstruct the amplitude and phase of the signal electric
field. However, in this article, we only consider the intensity of the signal field to recover the
range to targets. A detailed treatment of recovering ampitude and phase, as well as the impact of
Doppler shifts on RMCW ranging, is given by Spollard et al.8

The BPD receives the sum of the signal and local oscillator fields and has an output
photocurrent proportional to the intensity of this total field. Alexander12 indicates that a single
photodiode in the BPD receives a total field of E1ðtÞ, given as

EQ-TARGET;temp:intralink-;e020;116;102E1ðtÞ ¼
1ffiffiffi
2

p · ðESðtÞ þ ELOðtÞejπ∕2Þ; (20)

(a)

(b)

(c)

Fig. 2 Simulated RMCW LIDAR waveform. (a) The transmit (Tx ) optical waveform is an intensity-
modulated M-sequence; (b) the scatterable fraction plotted over range, showing the dust cloud
and the desired target at 200 m; and (c) the received optical waveform received through the LIDAR
aperture.
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where ELOðtÞ ¼ ELO · ejωctþϕðtÞ is the local oscillator field, in which ωc is the angular frequency
of the lasing wavelength, and ϕðtÞ is the time-varying phase of the laser field. Although the phase
of the laser field cannot be defined analytically, it can be modeled as a stochastic process with
Wiener–Levy statistics.13

Fig. 4 Resulting cross-correlation of the received RMCW waveform, where the laser propagates
through a dust cloud and then hits a target at 200 m.

(a)

(b)

(c)

Fig. 3 The components of the elastic RMCW LIDAR model. (a) Sf ðRÞ in log scale; (b) Df ðRÞ in log
scale; and (c) T f ðRÞ.
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To synthesize ESðtÞ, we use the components of Eq. (18) and consider each range bin to be a
source of backreflected light, modulated with our Tx signal, but with amplitude given by the
elastic LIDAR equation and time-shifted corresponding to the delay to that range bin, T. This
time-shift delays the modulation, as in the direct detection case, but we must also delay the phase
to model a homodyne measurement.

We start by defining a new quantity, γfðRÞ, using the factors of SfðRÞ, DfðRÞ and TfðRÞ,

EQ-TARGET;temp:intralink-;e021;116;536γfðRÞ ¼ SfðRÞ · DfðRÞ · TfðRÞ; (21)

which leads us to our model for the received signal field, ERðtÞ:

EQ-TARGET;temp:intralink-;e022;116;492ERðtÞ ¼
XN
i

ffiffiffiffiffiffiffiffiffiffiffiffiffi
γfðRiÞ

q
· Ptðt − TiÞejϕðt−TiÞ; (22)

where we sum over allN range bins, Ri is the i’th range bin, and RN is the maximum range of our
acquisition window. The time-shift, Ti, is the time delay to the range bin Ri; it is used to delay
the transmit waveform as well as the optical phase and is given as

EQ-TARGET;temp:intralink-;e023;116;406Ti ¼
Ri

2c
; (23)

where c is the speed of light in air.
The currents in the I- and Q-branches are given by

EQ-TARGET;temp:intralink-;e024;116;341iPD;IðtÞ ∝ jERðtÞ þ ELOðtÞj; (24)

EQ-TARGET;temp:intralink-;e025;116;297iPD;QðtÞ ∝ jERðtÞ þ jELOðtÞj: (25)

With these two quantities, we calculate the received power as the envelope of the combi-
nation of the beat signals, given as

EQ-TARGET;temp:intralink-;e026;116;262PR;HðRÞ ¼ i2PD;IðtÞ þ i2PD;QðtÞ; (26)

where we have transformed time into range as R ¼ ct
2
, which results in a homodyne cross-

correlation of

EQ-TARGET;temp:intralink-;e027;116;205RHðRÞ ¼ PR;HðRÞ⋆PtðRÞ: (27)

3 Experimental Setup

To validate the model presented here, we constructed a simple proof-of-concept, as shown in
Fig. 6. A semiconductor tunable laser (Lumentum SG-DBR) is used as the source, although it
emits a single wavelength of 1545 nm for the purpose of this measurement. The laser output is
split into a local oscillator path and a signal path, which we modulate using a lithium niobate
Mach–Zehnder modulator (AFR, Zero-Chirp modulator, F10) to intensity modulate a 512-bit

IQ demodulator

BPD

BPD

Fig. 5 In a homodyne receiver, the received electric field, ERðtÞ is fed into one port of an IQ
demodulator, and the local oscillator, ELOðtÞ, is injected into the second port. The outputs from
the demodulator are detected by a BPD and produce currents proportional to the I- and Q-beat
signals.
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maximum length sequence on the optical signal. To boost the optical power, we amplify it with
an erbium-doped fiber amplifier (EDFA) to achieve a continuous wave power of 30 dBm.

To transmit the RMCW signal into free space, we collimate the beam using a 50-mm aspheric
lens. In this specific assembly, the lens was followed by a set of prisms and mirrors used to shape
the output beam, but we ignore the effect of these components as it was not relevant to our model.
As this is a coaxial system, in which the received light shares the same free-space path as the
transmit beam, we use an optical circulator after the EDFA to separate the transmit and receive
paths. The light on the receive path is injected into the signal fiber on the intradyne coherent
receiver (Neophotonics ICR), which provides phase and polarization diversity, including the
photodiodes and the transimpedance amplifiers (TIA). The 4 × TIA outputs are then digitized
by an analog-to-digital converter (ADC) (AD9083).

The collected ADC data are recorded from all outputs of the ICR, but for the purpose of this
study, we only consider a single polarization. However, the I and Q data from that channel is
combined to create a single intensity measurement, which is correlated against the reference
modulation. Figure 7 shows the comparison of the measured experimental data after averaging
1000 measurements.

TLS MZM EDFA

Circulator 
+ collimating optics

R1 R2

ICR

ADC

Partially
transparent

target

Lambertian
target

Driver

Fig. 6 Experimental setup: a tunable laser source is intensity modulated with a Mach–Zhender
modulator and amplified with an EDFA. From a single-mode fiber, we transmit into free space
using a free-space optical circulator and collimating lens. On the receiver side, we achieve homo-
dyne detection using an ICR and digitize with an ADC.

Fig. 7 Comparison of measured result from a target at 18 m and a mesh screen at 5 m, compared
with our predicted model.
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The first peak at 0 m is the backreflection from the collimating optics coupling into
the receive fiber, and we estimate the backreflection to be 0.0025%. The peak at 5 m is the
mesh screen, which is partially transmissive and has a measured reflectivity of 8%, and the
peak at 18 m is our 90% Lambertian target. To recover the shape of the correlation, we averaged
1000 measurements, as the correlation floor varies considerably from one measurement to
the next.

For our homodyne model, we used a laser linewidth of 30 MHz andWeiner–Levy statistics to
generate a random vector of phase values to simulate the optical phase fluctuations. In our
creation of SfðRÞ, we used three targets at 0.1, 5, and 18 m, with values of ρ set as 5e − 5,
0.08, and 0.9, respectively.

As we look at the comparison of the model to the measurement result, we see a good agree-
ment, with the exception being the first peak, caused by the backreflection of the collimating
lens. The height and shape of the multiple returns is reproduced faithfully, and, interestingly, the
notch at 11 m is also predicted. This shows that our model fairly represents the physical system in
terms of multiple returns, which is extremely useful in modeling environments with foliage,
glass, fences, and other partially transmissive objects.

The figure has been changed to correct for an error in the direct detection case.
In Fig. 8, we show the measurement, the homodyne model, and the equivalent direct detec-

tion model with the same parameters. It is clear that the direct detection model can predict the
location and width of the target peaks, yet it has poor matching of the waveform outside the
peaks. Notably, the homodyne model correctly predicts the local dynamic range of the peaks
to the correlation floor. Additionally, the direct detection model does not accurately predict the
relative height of the correlation peaks and models much less correlation energy outside the
peaks. This demonstrates that a homodyne model is essential to predicting the behavior of these
LIDAR systems.

4 Conclusion

In this paper, we have derived a model for predicting the received optical waveforms from a
homodyne RMCW LIDAR system and have shown how to decode this signal into a correlation
function, which is used to disambiguate multiple returns. A simple measurement over 20 m has
been completed and compared with the model, which demonstrates good agreement.

Fig. 8 Modeling the direct-detection model compared with the homodyne model and the mea-
sured result.
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Future direction for this work would be to analyze the crossover function,OðRÞ, for a coaxial
system and include that in the model. Furthermore, measurements over a large set of experi-
mental settings, such as reflectivities and range, particularly long range, would make this model
exceptionally valuable for RMCW LIDAR simulation.
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